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� QI rigidity of �X means: the collection {Γ : Γ �
QI

�X} is “small”.

Example: �X = Hn.



Quasiisometry and coarse equivalence

�X , �Y geodesic metric spaces. E ⊂ �X × �X is a uniform entourage if
supE d(x , x �) < +∞. E�X = {uniform entourages of �X}.

∃QI �X
g

�
f

�Y ⇐⇒
�
f (E�X ) ⊆ E�Y , g(E�Y ) ⊆ E�X
f ◦ g(Δ�X ) ∈ E�Y , g ◦ f (Δ�Y ) ∈ E�X .



Logarithmic coarse equivalence

Log-entourage: E ∈ E log
�X if sup(x,x�)∈E

d(x,x�)
log(2+|x|+|x�|) < +∞.

Coarse equivalence: respects log-entourages.



Logarithmic coarse equivalence

Log-entourage: E ∈ E log
�X if sup(x,x�)∈E

d(x,x�)
log(2+|x|+|x�|) < +∞.

Coarse equivalence: respects log-entourages.

¿ Which groups are log-coarse equivalent to Hn ?



Logarithmic coarse equivalence

Log-entourage: E ∈ E log
�X if sup(x,x�)∈E

d(x,x�)
log(2+|x|+|x�|) < +∞.

Coarse equivalence: respects log-entourages.

¿ Which groups are log-coarse equivalent to Hn ?

Theorem (Cornulier 2016 after Tukia + Casson-Jungreis or Gabai)

Let Γ be locally compact compactly generated.
Γ log-coarse equivalent to H2 ⇐⇒ Γ �

QI
H2.

Theorem (P. 2021)

Let G be a simply connected Lie group.

G log-coarse equivalent to Hn ⇐⇒
�
∀ε > 0 ∃G � �X Riemannian

geometric, with− 1 � sect � −1 + ε.



Logarithmic coarse equivalence

Log-entourage: E ∈ E log
�X if sup(x,x�)∈E

d(x,x�)
log(2+|x|+|x�|) < +∞.

Coarse equivalence: respects log-entourages.

¿ Which groups are log-coarse equivalent to Hn ?

Theorem (Cornulier 2016 after Tukia + Casson-Jungreis or Gabai)

Let Γ be locally compact compactly generated.
Γ log-coarse equivalent to H2 ⇐⇒ Γ �

QI
H2.

Theorem (P. 2021)

Let G be a simply connected Lie group.

G log-coarse equivalent to Hn ⇐⇒
�
∀ε > 0 ∃G � �X Riemannian

geometric, with− 1 � sect � −1 + ε.

Thanks!


